The proof follows by proj ect ing the singularity into ( c 0 , 0 ) and studying a suitable eq ui singular a lgebraic family via the monodromy of Lefschetz pencils and a variant of the Noether-Lefschetz theorem, as in [P-S] .
Construction of the Family
Let (X, 0) = Spec( R) be the given analytic germ and (X, 0) C (CN, Then the singular locus (E, 0 ) of (Y, 0) is a curve, possibly si ngular at 0 and generically (Y, 0) has A 00 singularit ies, i.e., locally defined by the equation JE C{ .r,y,z} . Let I be t he reduced ideal of (E,O). T hen we have the following :
Theorem 2.1 (cf. [P] 2 ) C M*r*(F) (cf. [P] , page 375, line 12).
Let E be a compactification of (E, 0) in P 3 , which is smooth outside 0.
Then by a result of de Jong (cf. [J] ), there exists a homogeneous polynomial is surjective for all p E 2: -0 where Mp is the maximal of Op3 .
,p
is the geometric genus of the singularity (X, 0) and hi of a sheaf is the dimension of H i. This is possible because p 9 (X,O) is a constant and
.is a linear function in d by the theorem of Riemann-Roch, while the left hand side is a cubic polynomial in d.
Let P c P(V* ) be the hyperplane defined by the subspace Mk n /( 2 )( d) and S be the complement of P in P(V*). For each s E S let Ys denote the subscheme of P 3 defined by s = 0 and Zs be the strict transform of Ys in P
.
Consider the families,
Let J : Z -t S be the second proj ection.
Elementary Properties of the Family
Recall that 7r :
There exists a codimension 2 subset T of S such that for all s E S -T, z. is smooth along E.
Proof:
Fix an s E S. By the theorem of Pellikaan there is an automorphism of (C 3 , 0) which is identity modulo Mr and defines an isomorphism of (Y" 0) with (Y, 0) . Since Mr n I C M.I it follows that thi s automorphism extends to the blow up of I in a neighbourhood of 0 and acts trivially on the fibre 7r-1 (0), because it acts trivially on I/ Mr n I which maps onto I/ M.I and hen ce acts trivially on EBi m / M .Im. He nce it fixes E 0 and defines an isomorphism of (Z" E 0 ) with (Y, E 0 ) . This proves (i). As (ii) is a local assertion, i t follows from ( i).
By the classification of line singularities (cf. [S] (ii) I: C -1-
is an admissible family of surfaces over S -T.

Proof:
Since V is very ample, it gives ri se to an embedcling of P 3 -E in P(V). Let rr' : C --t P 3 be the projection. Then C -rr'-1 (~) --t P
3 -E is the projective normal bundle of P 3 -E in P(V), by [La] . Moreover it is also proved there that C -rr'-1 (E) --t D is birational with the general point corresponds to an ordinary double point on Z 5 • By lemma 3.1 Zs is non-singular along Zs n rr-
This proves (i), (ii) and (iii) of the corollary. The assertion ( iv) follows from the definition of an admissible deformation (cf. [J-S] O --t C --t Oy --t Or; --t 0
Here C = I is the conductor Homoy ( 0 x, Oy) and is also the ideal sheaf of E. Also note that v.Ox = Homoy(C, Oy ), as Ov-modules. If we take Homoy ( -, Oy) to the above exact sequence, we get
Hence we obtain an exact sequence:
From the long exact cohomology sequence of this exact sequence, we obtain, Also note that,
From the Leray spectral sequence applied to p : Z -----+ X, we obtain an exact sequence,
A Noether-Lefschetz theorem
Here we prove that for a general s E 5, Zs has Pie generated by the exceptional cycles (the reduced irreducible components of E 0 ), f*Ov.(l) and t. 
Hence it suffices to compute the image of Pic(Z u ). Since E 0 x S C Z, it follows that each reduced irreducible component of E 0 is in the image. The complement of all irreducible components of the exceptional divisor of Z L' ---+ P 3 is isomorphic to P 3 -E. Hence its P. icard group is generated by 1f*Op3(l). lt is also clear that Es is in the image as it is Zs n 7r-1 (E -0).
This proves ( i) . Now each point of Ln D defines a vanishing cycle and the space of invariants is precisely the orthogonal complement to the span of vanishing cycles, by the Picard-Lefschetz formula (cf. [La] ). Hence the span of vanishing cycles is the stalk Ps of P at each point. Since the smooth points of D form a connected subset of S, it follows that the vanishing cycles form a single conjugacy dass and hence 'P is irreducible. This proves (ii). o
Lemma 4.2 For for s E Su, where Su is the complement of countably many analytic subsets in S, we have:
E. By corollary 4.3, it follows that the dass group of X is generated by E'
and v*Ol'( 1). So it only remains to prove that the dass of E' represents the dualizing module of (X, 0). Duality for finite maps applied to v gives:
Since wy is locally free as Y is a hypersurface, we have
Hence the dass of C represents the dualizing module as wy = Ov(d -4) is locally free . o
